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Instructions 

Answer all questions in the spaces provided. 
A decimal approximation will not be accepted if an exact answer is required to a question. 
In questions where more than one mark is available, appropriate working must be shown. 
Unless otherwise indicated, the diagrams in this book are not drawn to scale. 
 
 
Question 1 

Let . Evaluate . 

 
 
 
 
 
 
 
 
 

3 marks 
 

Question 2 
Solve  for x, where . 
 
 
 
 
 
 
 
 
 
 
 
 
 

3 marks 
 

Question 3  

Solve  for .  

 
 
 
 
 
 
 
 
 
 
 
 
 

3 marks 
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Question 4 
Consider the function  with rule . 

a. Find the rule of the inverse function, . 
 

 
 
 
 
 
 
 

 
b. Find the domain of the inverse function, . 
 
 
 
 
 

2 +1 = 3 marks 
 
Question 5 

Let  

a. Show that . 

 
 
 
 
 
 
 
 
 

 

b. Hence find . 

 
 
 
 
 
 
 
 
 
 
 

2 + 3 = 5 marks 
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Question 6 

Consider the function . 

a. Find the coordinates of the x-axis intercepts of the graph of  f. 
 

 
 
 
 
 
 

 
b. On the axes below, sketch the graph of . Label all axes intercepts with their coordinates. 

Label each asymptote with its equation. 
 

 

c. Write down the domain of the derivative function, 
 
d
dx

f x( )( ) . 

 
 
 
 
 

1 + 3 + 1 = 5 marks 
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Question 7 
The graph of  and the tangent to the graph of  f , where it crosses the negative x-
axis, are shown.  

 
 

a. Find the equation of the tangent to the graph of  f  where it crosses the negative x-axis. 
 

 
 
 
 
 
 
 
 

 
b. Find the area of the shaded region. 
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c. Consider the triangle ORS, where vertex R is on the graph of f, with coordinates , and 

vertices O and S are on the x-axis, with coordinates  and , respectively.  

 
If , find the value(s) of p for which the area of triangle ORS is a maximum. 

 
 
 
 
 
 
 
 
 
 
 
 

2 + 3 + 3 = 8 marks 
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Question 8 
A spherical balloon is being inflated at a rate of 10 cm3/s. The balloon will burst when the surface area 
reaches  cm3. 
a. The surface area of a sphere of radius r is given by . Show that the radius of the balloon is 30 cm 

at the instant when the balloon bursts. 
 
 
 
 
 
 

 
b. Find the rate at which the radius of the balloon is changing, in cm per second, at the instant when the 

balloon bursts. 
 
 
 
 
 
 
 
 
 
 
 

1 + 3 = 4 marks 
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Question 9  

A continuous random variable X has a probability density function , where a 

is a real constant. Part of the graph of f, where , is shown below.  
 

 
 

a. Given that , where c is a real constant, find the value of a.  

 
 
 
 
 
 
 
 
 
 
 

2 marks 
b. Find the mode of X. 
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c. Find . Put your answer in the form  where a and b are positive integers. 

 
 
 
 
 
 
 
 
 
 

 2 + 2 + 2 = 6 marks 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 
 

END OF QUESTION AND ANSWER BOOK 



 

END OF FORMULA SHEET

Mathematical Methods and Mathematical Methods (CAS)
Formulas

Mensuration

area of a trapezium: 1
2

a b h+( )  volume of a pyramid: 
1
3

Ah

curved surface area of a cylinder: 2π  rh volume of a sphere: 
4
3

3π r

volume of a cylinder: π r2h area of a triangle: 
1
2

bc Asin

volume of a cone: 1
3

2π r h

Calculus
d
dx

x nxn n( ) = −1

  
x dx

n
x c nn n=

+
+ ≠ −+∫

1
1

11 ,

d
dx

e aeax ax( ) =   e dx a e cax ax= +∫
1

d
dx

x xelog ( )( ) = 1
  

1
x dx x ce= +∫ log

d
dx

ax a axsin( ) cos( )( ) =    sin( ) cos( )ax dx a ax c= − +∫
1

d
dx

ax a axcos( )( ) −=  sin( )   
cos( ) sin( )ax dx a ax c= +∫

1

d
dx

ax a
ax

a axtan( )
( )

( ) ==
cos

 sec ( )2
2  

product rule: d
dx

uv u dv
dx

v du
dx

( ) = +  quotient rule: d
dx

u
v

v du
dx

u dv
dx

v
⎛
⎝⎜

⎞
⎠⎟

=
−
2

chain rule: dy
dx

dy
du

du
dx

=  approximation: f x h f x h f x+( ) ≈ ( ) + ′( )

Probability
Pr(A) = 1 – Pr(A′) Pr( A ∪ B) = Pr(A) + Pr(B) – Pr(A ∩ B)

Pr(A|B) =
Pr

Pr
A B

B
∩( )

( )
mean:  μ = E(X) variance:  var( X) = σ 2 = E((X – μ)2) = E(X2) – μ2

probability distribution mean variance

discrete Pr(X = x) = p(x) μ = ∑ x p(x) σ 2 = ∑ (x – μ)2 p(x)

continuous Pr(a < X < b) = f x dx
a

b
( )∫ μ =

−∞

∞
∫ x f x dx( ) σ μ2 2= −

−∞

∞
∫ ( ) ( )x f x dx
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Examination 1 - SOLUTIONS 
 
Question 1 
Using the chain rule,         1M  

          1A  

  

             1A 
 
Question 2 

 

         1M 

 

  
          1M 

 
 

x = 4 as x > 2            1A 
 
Question 3 

 

 

       1M 

 

 

          1M 

However, . By symmetry, 

         1A 

 
Question 4 
a. To find the rule of an inverse function, interchange the x and y values and make y the 

subject of the equation. 
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         1M 

(Reject the negative solution because the domain of g is .) 

 

         1A 

b. The domain of  is the range of g. Domain of is .    1A 
 
Question 5 

a.   

 using the quotient rule.     2M 

, as required. 

Alternatively 

 

 using the chain rule.       2M 

, as required. 

 
b. From part a., 

      1M 

 

       1M 

Where  

        1A 
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Question 6 

a. To find x-axes intercepts,  

 

  

  
 or  

The coordinates are (0, 0) or (2, 0)       1A 
 

b. Note that the required graph is y = |f (x)|. 
 

 
 

Correct shape (including cusps)     1A 
Correct asymptotes labelled     1A 
Axes intercepts labelled      1H 
 

c. The domain of the derivative function is . 

Alternatively, .      1A 
 
Question 7 
a. The graph of  f crosses the negative x-axis at (−2, 0). The gradient of the tangent at this 

point is .        1M 

Using  for the equation of a straight line, the equation of the tangent is
  

         1A 
 

b.           1M 

 

        1M 
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  square units        1A 

 

c. base × height 

         1M 

 

For maximum area,  

         1M 

 

 

         1A 

Maximum area when  or  

 
Question 8 
a.   

 
 Radius is 30 cm, as required.     1M  

 

b. Require  when , given that  cm3/s. 

 

         1M 

 
For these related rates 

 

Substitute  and  cm3/s. 

         1M 

At ,  
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        1A 

The rate of change in radius is cm/s.  

 
Question 9 

a.  

        1M 

 

 

 

 as a > 0        1A 
b. The mode is the x-value at the turning point. 

 

        1M 

 

 as  
 as x > 0         1A 

c.       1M 

 

 

 

         1A 

 
 




